Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an integrable func-
tion defined on the measurable set E and that (f,,),en is a sequence of measurable functions
so that |f,,| < g. If fis a function so that f,, — f almost everywhere then

limffn:ff.

Proof: The function g — f, is non-negative and thus from Fatou lemma we have that
S(g —f) < liminf f(g — f,). Since |f| < g and |f,| < g the functions f and f, are

integrable and we have
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Ozopnua 2 (Kupropymuévns ovykhong tov Lebesgue) ‘Eotw 6111 g elvar tua oo-
KAnoauun uvdetnon ogieuévn 6to ueterjowo uvolo E ko n (f,)yen EVOL (i ako-
LovOia uetorjoiuwy cvvagticewv dote | f,| < g. Ymobérovue 6t vdoyet wa Guvdo-
tnon f dote 1 (f,)pen vV TelVEL oTnv f 6)edOV TavTov. Tote

limffn=ff-

Arédeén: H ouvaptnon g — £, elvar i) apvntiks kot apo artd o Afuua tov Fatou

wyber f(f — g) < liminf f(g — f,). Exedn |f] < g xou |f,| £ g ou f kau f, elvar
OMOKANPMOOLUES, £XOVUE
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