Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an inte-
grable function defined on the measurable set E and that (f,),cy is a sequence of
measurable functions so that | f,| < g. If f is a function so that f, — f almost

everywhere then
lim [ f, = / f.

Proof: The function g — f, is non-negative and thus from
Fatou lemma we have that [(g—f) <liminf [(g—f,). Since
|fl <=gand |f,| <g the functions f and f, are integrable

and we have , ) .
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Oswpnua 2 (Kuprapynuévng ovykAtong tov Lebesgue) Eotw d0tL n g eivat
Ha odokAnpwoyn ovvdptnon opLopvn oto peTpriowio ovvodo E katn (f,),en
givat o axolovBia petprioiwy ovvaptricewy wote | f, | < g. YmoOstovpe dtt
vrdpyet pa ovvdaptnon f Wote n (f,) ey Y TEVEL OTNY f OYESSY MavToV. ToTe

lim/fn=/f.

AméSeién: H ovvdptnon g — f, elvow un aprntucr kot dpo aé to Afjppa Tov
Fatou tox0eL [(f—g) <liminf [(g—f,). Enedn | f | =g xou | f,| < g ot f ka f,
elval ohoxAnpwotyieg, €xovpe
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